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Let X be a smooth complex Fano variety of dimension n. Then X is simply
connected and after boundedness, we know that X has only a finite
number of possible topological types. However little is known on its
topological invariants in arbitrary dimension. We consider in particular the
second Betti number of X, which coincides with the Picard number r. It is
expected that r has linear bound in the dimension n. We will explain how
Mori theory can be used to study this kind of questions, and give some
results in this direction on Fano varieties having an extremal contraction
of fiber type.
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